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Gauss map of real hypersurfaces in non-flat
complex space forms and twistor space of

complex 2-plane Grassmannian
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1 Introduction

00000000000 Gauss 00000000000000000O0 CPrO0000000
D0 CH*OOOOOO0 M?*»'oooooct (oooo CP*H oo (0oo)2000000
0000000 Grassmann 00000 Gauss U0 0000000 CP*0 Hopf OO OOO
0000000000000 (1) 00 Gauss image 000 Kahler 000 (M) 00 S'-000
D000000000(2) 00 v(M) 000000 Kéhler 000 Go(CY) O twistor 000
D00 CP*"0 Hopf 00D (00D0D)000000DO00) 000000 CH®O Hopf OO
00000000000000000000000

2 Gauss map of hypersurfaces in sphere to compex quadric
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Theorem 2.1 (B. Palmer [27]) S 000000000000 M®"O00000Gauss 000
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0 Q*D00 S'-bundle 0000000 O0OOOOOLagrangian immersion x : ¥ — Q" 000
0DOL" 00 Vo(R™2) 00 (local) Legendrian lift 00 0000000000000 (eq,e;) — e
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3 Isoparametric hypersurfaces in sphere
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000000000000M O00000000000000 FDD|gradF|2DAF|:| FO
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0000000000000 0oooooOT-FKM typel OO O OOODOODOOOOODOOODO
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0000 g=4,60000000000000Q-S.Chi0000000O0OOOOOOOg:
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4 Hopf hypersurfaces in complex projective space
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000000000000000000000 (3100000000000 Hopf0ODOOOO
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00000000 (000)0000000000000000000000000000000
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0020000 Q"1 (0<r<m/4),

Segre 1000 CP' x CP*, n=2k+1, (0 <7 < 7/4),
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Theorem 4.4 (Cecil-Ryan [9])
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5 Gauss map of real hypersurfaces in complex projective space to

compex 2-plane Grassmannian
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z:M?*" ! - CP" 0 immersion 000pe M ODOOOCP"00 MOODOOOODOOOO N,
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Theorem 5.1 [21] M?**~1 0000000 CPrO0O000000y: M — Go(C*™H) 000 Gauss
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0 G(C"")YODOODDOODDO0ODO00000000000Gauss00O v: M —~y(M)00ODO
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6 Twistor space of Go(C™™) and converse construction of Hopf

hypersurfaces in CPP"
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00O
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7 Hopf hypersurfaces in complex hyperbolic space
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0000000000 Montiel 24 00000000000 () |/ <2000:$* 10020
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Example 7.1 CH" 000000000 Hopf 000D Montiel [24] DO 0000000 Berndt
5| D0000D0000D0:

(i) (g=2 |u/>2) 000000,
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(iv) (9=2,|p/=2)0000O,

(v) (9=2,3,|ul<2) 0000 Lagrange 00000 RH" OO tube.
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8 Gauss map of real hypersurfaces in complex hyperbolic space to
indefinite compex 2-plane Grassmannian
000000 CH" 0000000000000 1000000000 ¢ oo (020
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000 QO ¢gO00000 Levi-Civita D00 DO00Ed7TM 00000000
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